A tree is called a tree of T-shape if its degree sequence is (1, 1, 1, 2, 2, ..., 2, 3). In this paper, we prove that the complement of the disjoint union of any number copies of a kind of tree of T-shape is chromatically unique by studying its adjoint polynomial.
Introduction
Let Pn and C, denote the path and the cycle on n vertices, and Dn denote the graph obtained by identifying a vertex of Ka with one of the vertices of degree 1 of Pn_ 2. Let P (G, 2) denote the chromatic polynomial of graph G. If P(H, 2) = P(G, 2) implies that H is isomorphic to G, then G is said to be chromatically unique. A tree is called a tree of T-shape if its degree sequence is (1, 1, 1, 2, 2, ..., 2, 3). The chromaticity of certain trees of T-shape was studied by . In this paper, we show that, for any tree T of T-shape which satisfies certain conditions and for any positive integer m such that m/> 2, the graph mT is chromatically unique. Here (7 stands for the complement of G, and mT the disjoint union of m copies of T. 
Two graphs G and H are adjointly equivalent if h(G, x) = h(H, x). A graph G is adjointly unique if h(H, x) = h(G, x)
implies that H is isomorphic to G. It is known that a graph is chromatically unique if and only if its complement is adjointly unique.
Let p(G) and q(G) be the numbers of vertices and edges, respectively, of a graph G, and let the adjoint polynomial of G be
It was proved in [2] 
that bl(G) = q(G).
Lemma 1 (Ru-Ying Liu [4] ). If G has k components G1, G2 .... , Gk, then
Lemma 2 (Ru-Ying Liu [3]). If uv ~ E(G), and uv does not belong to any triangle of G, then h(G, x) = h(G -uv, x) + xh(G -{u, v}, x).
Lemma 3 (Ru-Ying Liu [5, 6] ). If G is connected and q(G)>1 4, then b2(G)=
½bl (G)(bl (G) -3) if and only if G is isomorphic to Cq, Dq, or a tree ofT-shape on q + 1 vertices, where q = q(G).
Let T(I1, Iz, 13) be a tree of T-shape in which the distances from the vertex of degree 3 to the vertices of degree 1 are ll, 12, and 13, respectively. We will write h (ll, 12,13) for h(T (ll, 12,13 ), x). The shortest path joining a degree 1 vertex to the degree 3 vertex is called a branch.
Lemma 4 (Ru-Ying Liu [7] ). (1) 
Definition 2. Let e(G) be the lowest degree of the terms of h(G, x). Then we can write
where hi(G, x) has a non-zero constant term. If h~ (G, x) is an irreducible polynomial over the rational number field, then G is called an irreducible graph. Lemma 6 (Ru-Ying Liu [2] ). Proof. By Lemma 6, we have ~x n/2 if n is even, t(Pn) = [½(n + 1)x (n+l)/2 if n is odd.
Main results and proofs

In what follows we let c(G) = hi(G,0) and t(G) = c(G)x ~(G).
Let u be the vertex of degree 3 of T (ll, 12,13) , and v be the neighbour ofu on the branch of length ll. By Lemmas 1 and 2, we get h (ll, 12,13 
) = h(Ph)h(Pt2+~3+ 1) + xh(Ph-1)h(Pz~)h(Pt3).
The result follows by using Lemma 6. 
Lemma 9. Let T = T(I1,12,13). Suppose that k = 11 + 12 + la is odd or 11,12 and l 3 are all even. Then, for any integers m(>~ 2) and n(>/0), we have
(1) There exists no tree H of T-shape such that nK1uH is adjointly equivalent to roT.
(2) There exists no C, or D, such that nK1 w C, or nK1 u D, is adjointly equivalent to roT. It is not difficult to prove that the above expression is less than 3 and, therefore, f(k) > 0 for k/> 3.
Proof.(1) Let H= T(tl, t2, t3) be a tree of T-shape such that h(nKiuH, x)= h(mT, x). By Lemma 1, we obtain xnh(H,x)=h(mT, x), and n+mk + l = m(k + 1) = p(mT). Thus p(H) =mk
In both cases, for k ~> 3, we have Proof. The lemma can be directly verified.
Theorem. Suppose k = 11 + 12 + 13 is odd or ll, 12 Comparing the second coefficients of both sides of (*), we have t = m, and moreover, s = 0 by comparing the degrees of both sides of (*). Thus H,.~mT.
The proof is complete.
